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Truwong THPT Tan Chau- Tay Ninh

I.  NGUYEN HAM - TiCH PHAN- UNG DUNG
1. Cong thirc nguyén ham:
j f(x)dx=F(x)+C < F'(x) = f (X)

jk.f(x)dx:kj f(x)dx = j[f(x)ig(x)]dx=j f(x)dxij g(x)dx = If’(x)dx:f(x)+C

1) j kdx = kx +C . j 2dx =2x+C . j (-3)dx =—-3x+C
d Xa+1 X4 3
2 “dx = C - _
)IX X a+1+ J'x3dx_7+c J\/_dx Ixzdx_—+C_ \/_+C
1 (ax+b)*™
L (ax_,.b)“dxz_.— 11 _ 11
/ a’ a+l [ a-agra= S 822 o 22 o
11 22
3) Ildx=ln|x|+c MR >.|' 1 dx=lln|ax+b|+C j 1 dx:iln|1—3x|+c
X ax+hb a 1-3x -3
2) J' Lo tlicw \J- 1 VIR e S . I a7 32dx=%.—2_13+0=—4 1 6+C
X2 X " (ax+b)? T a'ax+b (2x=3) X= X=
3 5 5
. j [x2+1+i—10Jd :X—+In|x|—l—10x+C j X +1dx:j (x4+ljdx=x—+ln|x|+c
X X 3 X X X 5
5) j exdx=eX+CL>_|' ea”bdx=leax*b+c . j e*de=ie*X+C=—e*X+C
a -1
6) [ a'dx= a ¢ « [ 5dx=>—+C - [ 3¥dx =] 9*dx= ¥ ¢
Ina In5 In9
1 ab”c 1 32><+5 32x+5
MR abx+cdx = +C 32x+5 dx = +C = +C
J b Ina I 2713 2In3

« X «ax L 1 « 6"
. I (ex‘l—z)exdx:_[ (ezx‘l—Zex)dx=%ezx‘l—Zex+C ) I 2.3 ldXzJ. 2 '3'§dX=§j 6 dX=3|n6+C

7) I sin xdx =—-cosx+C

. _[ sin 4x—Z dx:—lcos 4x—Z +C
2 4 2

LI sin(ax+b)dx=—1cos(ax+b)+c NS
a a=4;b=-2
2

8) I cos xdx =sinx+C . j cos(z—xjdx:isin(%—xJ+C:—sin(%—xj+c

LI cos(ax +b)dx = isin(ax+b) +C

] 1 1 1.
. j (3sin x—ZCosx)dx:—Scosx—Zsin X+C = I sin? xdx = E(l—cost)dx:E(x—Esm 2xj+C

dx:J. (l+tan2x)dx=tanx+C . J' 1-2cos’x x=.|'[ —2)dx:tanx—2x+C

9) I 2 2
COS™ X COS™ X
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MR 1 1 1 1
ICOSZ(aX+b) X=> an(ax+b)+ J.COSZ\?)XdX 3tan3x+C

1
NI -2

a=-2;b=r

10) j sinlzxdxzj (1+cot*x)dx=—cotx+C = J dezj (x+ jdX=X?2—cotx+C

sin® x sin’ x
MR 1 1 1 1
> dx=——cot(ax+b)+C . _ 1
Isinz(ax+b) X=—3% (ax+b)+ Isin28xdx_ 8cot8x+C

MR 2 __1 . 2 :_l
—>J [1+cot (ax+b)]dx_ acot(ax+b)+C j (1+cot 3x)dx 3cot3x+C

=2 2
-j;dx:'[wdx:f( 1 + ! jdx=tanx—cotx+C

sin? x cos® x sin? x cos? X cos’ X sin®x
2. Tich phan:
a) Dinh nghia: Ib f (x)dx=F(x) b F(b)-F(a)| vsi F(x) Iamotnguyén ham cia f(x) trén
a a
[a;b].

b) Tinh chit:

_[ x)dx=0 J': f (x)dx:—j:f X ) dx

_[ X)dx = kJ' x)dx (k 1a hang sé) _[ [f( (x)]dx = J‘ dx+I (x)dx

_[ x)dx = j dx+jbcf(x)dx _[ x)dx = I dt—J' (u)du

Néu f(x)=0, Vxe[a;b] thi J': f (x)dx>0.

Néu f(x)2g(x), vxe[ab] thi [ f (x)dx> [ g(x)dx

= Pac biét:
e Néuham y=f(x) lahamsé lé trén [-a;a] thi [* f (x)dx=0.

o Néuham y= f(x) laham sé chin trén [-a;a] thi J: f(x)dx = Zjoa f(x)dx .

3. Phwong phap tinh tich phan:
a) Phwong phap tich phin tirng phan:

’ b b b I
Quy tac chung: |1 :J' u.dv =uv —j vdu|. Ta xét cac dang pho bien sau:
a a a
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% Dang [, P(x).Q(x).dx véi
P(X) 1a da thirc dai s, Q(X)
1a ham lwong giac hoac ham
mil.

i}{u =P(x)
dv=Q(x)dx

du = P'(x)dx
= .
v:j Q(x)dx
& Luru y:v=f Q(x)dx nén két
qua ¢ dang R(x)+C, tachi

Minh hoa:

/2

(O :E(Zx—l)sin xdx .

it {u:2x—1 du = 2dx
a . =1 B .
dv = sin xdx v_f sin xdx = —cosXx
choh C=0
b b b
Ta co: I:I u.dv =uv —_[ vdu
a a a

V4

T
2 +I02 2cosxdx =......
0

. J= E(l— x)e?dx .

=—(2x-1)cosx

dong chon 1 gid tri C c0 lgi cho du = —dx
tinh toan sau nay. u=1-x
5 1
bat =1y _ 2X 4y L o2x
’ {dv:ezxdx v_fe dx = 2e
choh C=0
1 2><1 11 2X
J==(1-x)e"| +| =e“dx=......
2( ) 0 JOZ
b i .
% Dgngj P(x).Q(x).dx véi Minh h(_)ae.
: - . I:I X2 In xdx .
P(x) 1a da thirc dai s hoic !
. s 1
phan thirc, Q(x) 1 ham U=Inx du—;dx
- Pit =
logarit. a {dv=x2dx ey RS
PP {UZQ(X) V_IX X_g
dv="P(x)dx 3 3 3
(x) I:X—Inxe—'[ex—.ldx:e——1 2dx =......
du =Q’(x)dx 3 1 13 X 3 3
= e
v:j P(x)dx = J= Inx2
L (x+1)
1
u=Inx du:;dx
bat 1 =1 1 X
(X +1) T ox+1 T x+1
S —
choh C=1
J_Llnxe—ri.idx:i—lﬂxjﬂ =
X+1 1 T x+1l x e+ 1

b) Phwong phap tich phan déi bién:

< D3Ji bién loai 1: Xét tich phan dang | = jb fLu(x)]u(x)dx .

4




Truwong THPT Tan Chau- Tay Ninh

— 5> pat t=u(x)=dt=u'(x)dx . Déi can: x=a =t,=u(a), x=b =t,=u(b).

Khi d6 tich phan can tinh 1a; | = J’:z f (t)dt. Ta xét cac dang phé bién sau:

1) Dang 1= f(x")x"dx].

— st=ax"+p (hoict=x")

1= [l

ox3+1

Bétt=x3+1:>dt=3:>=%dt.

Doi can:

Taco: |

X=0=t=1 x=1=t=2.

11
:sz'gdt: ......

2) Dang |=j:f(i‘/ﬁ)..

— PP st={u=t"=u.

f
= IO % +1[xdx]
Pit t =3x? +1 = t* = x? +1= 3t%dt = 2[xdx]
=N :gtzdt. Pdi can:

x=0=>t=1 x:ﬁ:tzz

3) Dang I=J‘:f[§].%.dx.

1
——t=a.+phay e Bitt= [l TotP=1-2 = odt= 1
X X X
1. [ N
t:;,tzna;+ﬂv.v... e Taco: I:2j'2t2.dt: ......
b 1
4)Dang I=| f Ix) |—= .dx|. -
PP = t: X...
t=ax+ fhayt=x . Batt=&+1:>dt=idx:>2dt=idx.
24x JIx
o3l _
. Taco.l_Lt—z.Zdt_ ...... .
b 2x X
5) Dang '=Lf(ex)" [ dx —s =f1 ° _edx.
op ; ) o +1 oe*+1
—t=ae"+pf hayt=e dt = e*dx it _1
e Ditt=e+1= .Khidé:l_j ——dt.
e =t-1 2t
e+l 1
[} :J‘2 (1—Ejdt: ......

6) Dang |=j:f(|nx).
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—)PP t:alnx+ﬂhayt=|nx. ° Béttzlnxjdt:idx.
X

e Khido I=[ (2t-1)dt=(t*-t)

7)Dang I = f(sinx)[cos xdx] | _ [7__CosX

=|2———dx
0 1+2sinX

— st=asinx+Bhay t=sinx. 1
o Dit t=1+25inx:>dt=2cosxdx:>5dt=cosxdx.

b " z
8) Dang | =L f (cos x).[sin xdx] . | = | 7 (cos 2x—cos x-+1)sin xdx

— st=acosx+ Bhayt =cosx = , _
BN IOZ(Zcos X — COS x)sm xax .

e Dat t=cosx = dt =-sinxdx = —dt =sin xdx..
o Khido: I=[(2~t)(-dt) = [ (2t ~t)dt =.....

b 1 Z tan® x
N Dang | =| f(tanx dx|. =3 dx
) Dang -[a ( )coszx J.O cos? X
—Z>t=atanx+ fhayt=tanx. e Ditt-tanx=dt——dx.
cos? X
5
e Khide: I =] Bt =,
0
z cot? x—1 Teot?x-1 1
10)Dang 1 = [ f(cot x) S R R LSt B >|:j,§C°t X=2 = dx.
a sin? x % cot x.sin’ x 7 cotx sin®x
PP _ _
— —l=acotx+fhayt=cotx. e Ditt=cotx=dt=— _12 dx = —dt = _12 dx .
sin? x sin? x
1 42
—=t -1
° I:J‘lJé n (—dt): ......
-2 K3
. sin™ X I:IO4(sin2x+3)sin2xdx
11)Dang 1 = f| cos? x |[sin2x.dx]. _ . . _
)Dang L sin 2.0« e Dit t=sin’ x = dt = 2sin x(sin x)'dx =sin 2xdx .
COS2X )
(s _
{sin?x it — sin 2 dx e Taco: I_IO (t+3)dt=.....

—PP 5 t=cos’x = ( dt =—sin2x.dx

t =cos2x dt =—-2sin 2x.dx

b
a

< Doi bién loai 2: Xét tich phan dang | :J. f (x)dx trong d6 f(x) phirc tap va khdng thé tinh
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nguyén ham tryc tiép. Déi biénloai 2 la ta dat: x =u(t)= dx=u’(t)dt.Ta xét 4 dang phd bién sau:

1) Dang | =I:Z f (va® — x?)dx.

—® sx=asint (hay x=acost).

I:IO2 ! dx

V4-x?

e Pit x=2sint = dx = 2costdt . Ddi can:

X=0=1t=0, x:Z:t:%.Tacé:

JA—x? =+J4—4sin?t =+/4cos?t = 2cost

>0

Xz 1
ha f dx.
y-‘-xl (a2+x2)

—P sx=atant.

do te[O;Z}.
2
e Taco: I=I52C03tdt :thzz.
0 2cost 0 2
2) Dang | =I: f (Va® + x?)dx | = 03 x21+9dx

e Dit x=3tant = dx =3(1+tan*t)dt.
e Déican: x=0=>1=0, x=3:>t=%.

e Khidé: x*+9=9tan’t+9=9(tan’t +1).

z 2 z
. Viy I:I43(1+tan t)dt_l'[ V4

= 4 = —,
o 9(tan’t+1) 3o 12

3) Dang | =IXX2 f (Vx?—a?)dx

PP

a a
>X=——hayx=——
sint cost

ayX*—4
I:j dx
2 X
e Dat x:i:dx:zswgtdt.
cost cost

e Doi can: x=2=1t=0, x:4:>t=%.

[ 4
. z COSZI_4 2sint z
e Khi do: |=j3 dt=2j03 tan®t.dt

0 2 "cos?t
cost

T
1 — 2
=23 —-1l|dt=2(tant—-t)|3 =2v3 ——.

X a—Xx

4)Dang 1 =" f[ a+x]dx

— P sx=acos2t.

I =_[2 /—Z_de
0V2+X
e DPat x=2co0s2t = dx =-4sin 2t.dt = —8sint.cost.dt

e Dbi can: x=0:>t=%, Xx=2=1t=0.
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\/ \/2 2c0s 2t \/1—c032t sint |
Ta co: - >
2+X \2+2cos2t V1+cos2t cost |

n i

| =8 —tsmtcostdt_8.|75in2tdt: ......
0 cost 0

4. Ung dung tich phan dé tinh dién tich — thé tich:
= Hinh phing gi6i han bai cac duong Y = f(X), truc = Hinh phang gi6i han boi cac duong y = f(X),
Ox, X=2a, X=Db thi ¢6 dién tich: y=0(X), x=a, x=Db thi c6 dién tich:

s =[]f(x)|dx S =[] (9-g(x)|x

0

y="1(x)

= Khi xoay hinh phiang {X a (X)— b quanh Ox, ta = Khi xoay hinh phang {y=g(x)  quanh OX,
P x=a, x=b

duoc khdi tru tron co thé tich

V= t3(x)x

duoc khdi tru tron co thé tich

V= |20~ g7 (0|dx|.

= X6t hinh khéi duoc gioi han boi hai mat phang X =a, X=Db. Khi cit khdi nay ta duoc thiét dién co dién

. . b
tich S(X) (1a ham lién tuc trén [a;b]). Thé tich khoi nay trén [a;b] la: |V = L S(x)dx|.

5. Cong thirc chuyén dong:
Xét ham quang duong S(t), ham van téc v(t) va ham gia téc a(t). Ba ham nay s& bién thién theo t.

= S =] v(Hdt < v(t) =S'(t) = V()= j a(t)dt < a(t) =Vv'(t)

*BAI TAP AP DUNG

BAI 1: NGUYEN HAM

MUC PQ: NHAN BIET.
Caul:  Honguyén ham ciahamsé f(x)=cos2x la

A.Icostdx:Zsin2x+C. B.Icostdx=—%sin2x+C.
C._fcostdx:sin2x+C. D.Icostdx=%sin2x+C.
Cau2:  Honguyén hamcuahamsé f(x)=3"+11a
.IiXSJrC B. Iix3+x+C C.3+x+C D.3"Inx+x+C
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Cau3:  Honguyén ham cua hamsé f (x)=sin2x+cosx Ia
A.—C0S2X+sinx+C B.cos? X —sin X +C C.sin> x+sinx+C D.cos2x—sinx+C
Cau4:  Choham séf(x):4X3+2x+1.T‘|m If x ) dx

AJ' x)dx =12x* +2x* + x+C B.J.f(x)dx:12x2+2
C. J x)dx =x* +x* +x+C D.jf(x)dx:12x2+2+C
Cau 5: Ménh de nao sau day sai?

A [[F0)+900]dx=[ f()dx+ [ g(x)dx, véi moi ham s6 f (x) va g(x) lién tuc trén R

B. J. f'(x)dx = f(x)+C, véi moi ham s6 f(X) co dao ham lién tuc trén R

C. j [f(x)—g(x)]dx= j f (x)dx — j g(x)dx, véi moi ham sé f(x) va g(x) lién tuc trén R

D. '[ kf (x)dx = kj f (X)dx , v&i moi ham s6 f (X) lién tuc trén R va moi sb thuc k
Cau 6:  Nguyén ham cua ham sb f (x) =sinX+cosx la

A.sinx+cotx+C B.sinx+cosx+C C.sinx—cosx+C D.cosx—sinx+C
Cau 7:  Trong céc khang dinh dudi day, c6 bao nhiéu khang dinh dang?

(1): Moi ham s6 lién tuc trén [a; b] déu c6 dao ham trén [a; b] .

(2): Moi ham s6 lién tuc trén [a;b] déu c6 nguyén ham trén [a;b].

(3): Moi ham s6 dao ham trén [a;b] déu c6 nguyén ham trén [a;b].

(4): Moi ham sb lién tuc trén [a; b] déu c6 gia tri 16n nhat va gia tri nho nhat trén [a; b] .

A 2. B. 3 C.1 D. 4
Cau8:  Ham sb nao dudi day 1a mot nguyén ham cua hamsé f (x) = Jx =1 trén (0;+00).
A.F(x):gﬁ/x_z—x+l B. F (X ):in_S_Hz
1
C.F(x)=—%= D.F :——X
(=5 (=5
Cau9:  Tim ho nguyén ham cia ham sé f (x)zsin X—COSX.
Aj dx_—smx+cosx+C B.jf(x)dx=sinx+cosx+c.
CI x)dx =—sinx—cosx+C. D.If(x)dx:sinx—cosx+C.
Céu 10: Tinh Ism 3xdx
A.—cos3x+C. B.—%cos3x+C. C.1c053x+C. D.cos3x+C.
MUC PQ: THONG HIEU.
Cau11:  Tim ho nguyén ham cua ham s f (x)=x(x+1).
3 2
A x(x+1)+C. B. 2x+1+C. C. x*+x*+C. D.%+X?+C.

Cau12:  Timnguyén ham F(x) cuahamsé f(x)=sin2x, biétF (%) =0.
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A.F(x)=_—1c052x+z B.F(x)zcoszx—1
2 6 4
- 2 1 _1
C.F(x)=sin X_Z D.F(X):?COSZX
Cau13: Hamsé F(x)=Insinx—3cos x| la mot nguyén ham caa ham sé nao trong c4c ham s6 sau day?
A f (X):sm x—30c_)sx. B f (x): —(_:osx—35|nx.
COS X +3sIn X Sin X —3c0s X
C.f(x):M. D. f (x)=cosx+3sinx.
sin X —3¢0s X
2 2
A y 1 1, . (x*+a) -
Cau 14: Cho biet F(x)=§x3+2x—— la mot nguyén ham cua f (x)= ——. Tim nguyén ham cua
X X
g(x)=xcosax.
A.XsinXx—cosx+C . B.%XSiﬂZX—%COSZX-ﬁ-C.
) 1 . 1
C.xsinx+cosx+C. D.Exsm2x+zcoszx+c.
Cau15:  Cho hamsé f () xdc dinh trén R\{-2} thoa man f'(x)= 3X_21, f(0)=1va f(-4)=2.Giatri
X +
ctia biéu thirc f (2)+ f (—6) bang
A.10-In2. B.3-14In2. C.3+14In2. D.10+1In2.
Cau 16: Tim nguyén ham F(x) ctia ham s6 f (x)=cos3x.cosx, biét d6 thi ham sé y = F(x) di qua goc
toa do.
A F(X):cos4x+c052x_ B I:(X):sm4x+sm2x.
8 4 8 4
C. I:(X):sm8x+sm4x. D. F(X):sm4x+sm2x_
8 4 4 2

MUC PQ: VAN DUNG THAP.
Cau17: Chohamsé f(x) thoaman (/x.f'(x)=—f(x), Vx>1va f

—~

e)=-3. Tinh f (e?).

1 1 1 1
A. f(e2)=§. B. f(e2)=—z. C. f(ez)zz D f(e2)=—§.
Cau18: Chohamsd f(X) xac dinh trén khoang (0; +0)\{e} thoa man f’(x):m, f(eizj: IN6 va
f (ez) =3. Gi4 trj cua biéu thuc f (1j+ f (e3) biang
e
A.3In2+1. B. 2In2. C. 3(In2+1). D. In2+3.

Cau 19: Chohamsé f(x)=0; f'(x)=(2x+1).f?(x) va f(1)=-0,5.

Tinhtong f (1)+ f (2)+ f (3)+...+ f (2017):%; (aeZ;beN)vsi % t6i gian. Chon khang dinh

10
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ding

A.%<—1. B.ae(—2017;2017). C.b—a=4035. D.a+b=-1.

Cau20: Cho f (x)=

2

T .
en | ~Z:Z | va F(x) 1amot nguyén ham cia xf'(x) thoaman F (0)=0. Bi
T x trén ( 2 2) va F(x) 1a mot nguyén ham cua xf'(x) thoa mén F(0)=0. Biét

ae(—% Ej théa man tana=3. Tinh F(a)- —10a%*+3a.

A.—llnlo. B.—llnlo. C.llnlo. D.In10.
2 4 2

BAI 2: TICH PHAN. )
LOAI 1. PINH NGHIA, TINH CHAT VA TiCH PHAN CO BAN.
MUC PO: NHAN BIET.

Caul: Cho j x)dx =2 va jg x)dx =—1. Tinh I-_[[x+2f )+3g(x)]dx bing

NS B.=L. ") D.1=2.
2 2 2 2

2
Cau 2: Tinh tich phan | = j\/4x+1 dx.
0

A.13 B2 C.4 .2
3 3
d b b
caus:  Néu [ f(x)x=5va j f (X)dx = 2 (a<ds<b). Tich phan [ f (x)ix bing
a d a
A.10. B.7. C.-3. D.3.

Cau4:  Cho f(x) va g(x) lahai ham s lién tuc trén doan [1;3], thoa mén:

Jq[f (x)+3g(x)]dx =10 va T[Zf (x)—g(x)]dx=6. Tinh i[f (x)+g(x)]dx.

1 1 1

AI—8 B.1=9. C.1=6. D.1=7.
Cau 5: Cho'[ dx 2 va Jg dx 3. Tinh gia tri cua tich phan L = j[Zf x)]dx.

A L= 4 B.L=-1. C.L=-4. D.L=1.

Cau6: Cho J. x)dx = 3. Tinh tich phan I[Zf 1]dx.

-2

A.3. B.-9. C.5. D.-3.
Cau7:  Cho f(x),g(x) lacac ham lién tuc trén R . Chon khang dinh sai trong c4c khing dinh sau day.
b b b
A.j f (x).g(x)dx:j f (x)dx.jg(x)dx. B. j[ (x) Jax = jf x)dx+jg(x)dx.
(x)dx jf(x)dx+j f(x)x (a<c<b). D. j[f (x) Jix = jf(x)dx jg(x)dx.

MUC PQ: THONG HIEU.

11
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A L [2 dx . Y
Cau 8: Blét'[ =Ja++b —c vi a,b,c la céc so nguyén duong. Tinh P=a+b+c.

1 XM+(X+2)\/;

A P=2. B. P=8. C. P=46. D.P:22.

Cau9:  Chohamsé f(x) lién tuc trén R vacof X)dx=2; J. x)dx =6. Tinh I_jf x)dx
0

1
A|—8 B.1 =12 C.1=36 D.1 =4
Cau 10: Cho j x)dx =2, If( )dt=9. Gia tri Cua_[ z)dz 1a

-1

All B.5 C.7 D.9

Céu 11: Chotich phan

S USR]

(4x—1+cosx)dx=n(§—%}+c, (a,b,ceQ).Tinh a—b+c

A.%. B.1. C.-2. D.

Wl

2
Cau 12: Biét I dx=aln3+bIn4+cIn5+dIn6 (a,b,c,d €Z). Tinh gi4 tri cua biéu thuc
l(x+2)(x+4)

T=2a+3b—c—%.
AT=2. B.T =5. C.T =0. D.T =3.

Cau 13: Cho ham s6 y = f(x) Ia ham s6 chin, lién tuc trén R va sé thuc a duong théa J' x)dx =3.

0
a

Tinh | = j(f (x)—x)dx.

A l=3. B.1=6. C.1=0. D.1=9.
Cau 14: Chohamsé y = f(x) thoa man diéu kign f(1)=12, f'(x) lién tuc trén R va jf X)dx =17.

Khi d6 f(4) bang
A.5 B.29 C.19 D.9

10

Cau15: Chohamsé f (x) lién tuc trén doan [0;10] va [ f(x)dx=7 va j x)dx = 3. Tinh

0
2
:jf dx+j
A.P—7. B.P=-4. C.P=4. D.P=10.

Céau 16: =Inc, véi ¢ 1a sd nguyén. Giatricua ¢ 1a

A.3. B.4. c.16. D.9.
MUC PO: VAN DUNG THAP.
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Céu 17:

Céau 18:

Cau 19:

Céu 20:

Céau 21:

Céu 22:

Céau 23:

Cau 24:

Ho] 2
X+ XC0S X —Sin” X b . Y . A~ bz
dx=———.Trongdo6 a, b, ¢ lacac so nguyén duong, phan s6 — toi
1+cosx a ¢ c

Biétl =

O e | B

gian. Tinh T =a® +b* +¢°.

A. T=16 B. T =59 C. T=69 D. T=50
2
Cho ham s6 y=f(x) lién tuc trén R thoéa man f(1+2x)+ f (1—2x):zx—1, vxeR. Tinh
X* +
3
I:If(x).dx.
-1
Al=2-Z. B.I1=1-Z. ci=1-7 D.1=2.
2 4 2 8 4

Xét ham s6 f (x) lién tuc trén [0;1] va théa man diéu kién 4x.f( )+3f (1-x)=+1-x*. Tich
1
phan | :_[f(x)dx bang:
0
A l= B.1=2 c.l==2 D.1=%
6 20 16
MU'C PO: VAN DUNG CAO.

XZ

Cho ham s6 y = f (x) lién tuc trén [0;+o0) va [ f (t)dt=xe*. Tinh giatri f (4).
0

2 2 2
A f(4)=3¢. B.f(4):3%. cr)-22. b4

z
4

Cho tam thuac bac hai ax®+bx+c=0 cé hai nghiém thyc phan biét x,, X,. Tinh tich phéan
| = J'(Zax+b)3eaxz*b”°dx.

X

Al=%—X |3.|:X2;X1 C.1=0 D.|:X2;X1

Cho ham s6 f (x) c6 dao ham lién tuc trén R thoa man f (x)+ f'(x)<1, vxeR va f(0)=0.
Tim gia tri 16n nhat cua f (1)
2e— 1 e— 1

A —/—= B. —— C.e-1. D. 2e-1.
e e

Cho ham s y = f (x). C6 dao ham lién tuc trén R. Biét f (1)=e va (x+2)f (x)=xf"(x)-x?,
vxeR.Tinh f(2).
A.de’> —4e+4. B.4e? —2e+1. C.2e%—2e+2. D.4e’ +4e—4.

Cho ham s6 y = f (x) lién tuc trén doan [0;1] va thoa man f (x)—8x%.f (x*)+ =0. Tich

X2 +1

13



Truwong THPT Tan Chau- Tay Ninh

Céu 25:

Céu 1:

Céu 2:

Cau 3:

Cau 4:

1

phan I:jf(x)dx c6 két qua dang a—(t:)\/i’ abcez, &, b phan sé téi gian. Tinh
. c ¢

T=a+b+c.

AT=6. B.T=-4. C.T =4. D.T =-10.

1
Cho ham s y = f (x) c6 dao ham lién tuc trén doan [0;1] va f(0)+ f (1) =0. Biét jfz(x)dx:
0

1 1
SREEY cos;zxdx:%. Tinh | £ (x)dx.
0 0

A B.i C.E D.—
V4 V/d

BAI 3: UNG DUNG TICH PHAN.
MUC PQ: NHAN BIET.
Cho ham s y = f (x) lién tuc trén doan [a;b]. Goi D Ia hinh phang gisi han béi do thi ciia ham

s0 y = f (), truc hoanh va hai duong thang x=a, x=b (a<b). Dién tich hinh D dugc tinh
theo cbng thuic

b b
A.S =] (x)]dx. B.S = f[x/dx. C.S=

If(x)dx.

Dién tich hinh phang gi¢i han bai do thi hamsé y = f (x), y=g(x) lién tuc trén doan [a;b] va
hai duong thang x=a, x=b dugc xac dinh theo cdng thic

D.S:j{f(x)dx.

A.S:nj:|f(x)—g(x)|dx B.S:I[f(x)—g(x)]dx
C.S:j)'[g(x)—f(x)]dx D.S:i|f(x)—g(x)|dx

Tinh dién tich S cua hinh phang gigi han boi cac duong thang y=e*,y=2,x=0va x=1.
A.S=4In2+e-5 B.S=4In2-6 C.S=e*-7 D.e-3

Cho hinh phang trong hinh bén (phan t6 dam) quay quanh truc hoanh. Thé tich khoi tron xoay tao
thanh duoc tinh theo cdng thurc nao trong cac céng thirc sau day?

y [

14
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b b
C.V:nj‘[f(x)—g(x)]dx. D.V:n'[[fz(x)—gz(x)}dx.
Cho hinh phang D gigi han béi cac duong y=x—1,x=0; x=2 va trucOx . Dién tich S caa hinh

Cau 5:
phing D duoc tinh bai cong thirc
2 2 2 2
A.SD:'[(X—l)dx. B.SD:I(l—x)dx. C.SD:J|X—1|dX. D.SD:j(x—l)dx.
0 0 0 0
Cho ham s6 y = f () lién tuc trén doan [a,b]. Goi D 14 hinh phing gi¢i han béi d6 thi ham s6

Cau 6:
(C) y=f (X) , truc hoanh , hai dudng thang x = a; x =b (nhu hinh vé& bén dudi). Gia s S, 1a

dién tich ctia hinh phang D. Tinh S, .

f (x)dx.

Cau7: Cho mién phang (D) gisi han boi do thi ham s y =+/x, hai duong thing x=1,x=2 va truc
hoanh. Tinh thé tich khdi tron xoay tao thanh khi quay (D) quanh truc hoanh.

A.S—” B.37 C.§ D.Z—”
2 2 3
Cau 8: Thé tich khoi tron xoay c6 dugc khi quay quanh Ox hinh phang giéi han boi cac dwong
y=+x+1, y=0, x=0, x=1 bang
A.4—7T. B.3—”. C.ﬂ. D.E.
2 3 2

3
Cau9:  Cho hinh phang (H) gi6i han boi @b thi ham sé y =—x*+3x—2, truc hoanh va hai duong thang
x=1, x=2.Quay (H) xung quanh truc hoanh dwoc khdi tron xoay c6 thé tich Ia

15
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AV =ﬁx2—3x+2\dx. B.V =ﬂx2—3x+2\2 dx .
1 1
C.V=ﬂi(x2—3x+2 ? dx. D.V:ﬂj.‘xz—3x+2‘dx.
1 1

Cau 10:  Cho hinh phang (H) giéi han bai d6 thi ham s6 y=-x°+4x—3, truc hoanh va hai duong thang
x=1x=3.Quay (H) xung quanh truc hoanh dugc khdi tron xoay cd thé tich Ia.

A.V :jhxz —4x+3‘dx. B.V :T‘xz —4x+3‘2dx.
1 1
C.V :ﬂi(xz —4x+3)2dx. D.V :7z.3ﬂx2 —4x+3}dx.
1 1

MUC PQ: THONG HIEU.
Cau 11: Cho (H) la hinh phang gi6i han bai do thi ham s6 y =In(x+1), duong thang y =1 va truc tung .

VA
y=In(x+1)
1 RS
Q fl.
Dién tich ctia (H ) bang
A e-2. B. e-1. C. 1. D.In2.
Cau 12:  Tinh dién tich hinh phang gi¢i han bai cac duong y=x*-2 va y =—|x|
A.E B.Z C.3 D.E
3 3 3

Cau 13: Cho ham sé y = f(x) lién tuc trén [a;b]. Dién tich S cua mién hinh phang ( mién t6 den trong
hinh vé& bén ) dugc tinh boi cong thuc

iy

A.S :T f (x)dx+jf(x)dx

16
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Cau 14:

Céau 15:

Céau 16:

Cau 17:

Céu 18:

Céau 19:

Céau 20:

b c b c
C.S:—jf(x)dx—jf(x)dx. Q.S:—_[f(x)dx+jf(x)dx.

a b a b
Goi S ladién tich mién hinh phang duoc to6 dam trong hinh vé bén. Cong thic tinh S 1a

A.S:.lff(x)dx+j.f(x)dx B.S:j.f(x)dx—j.f(x)dx
C.S:J%f(x)dx D.S:—j'f(x)dx

Tinh dién tich hinh phang giGi han bai cac duong thang x=4,x=9 va dudng cong co phuong
trinh y* =8x.

A. @ B. % C. 7642 D. 1523‘5

Cho hinh phang (H) gi6i han boi cac duong y=+/x, x=0, x=1 va truc hoanh. Tinh thé tich
V' cuta khéi tron xoay sinh béi hinh (H) quay quanh truc OX .

7T T
AL B.L. C. 1. D. Jr.
3 2

Tinh thé tich vat thé tron xoay tao bai phép quay xung quanh truc OX hinh phang gi¢i han boi cac
duong thing y =0, y:x/;, y=Xx-2.
A. 8z B.16—7[ C. 10z D. 8r

3 3
Tinh thé tich caa khdi tron xoay khi quay hinh phang gigi han boi cac duong y=x*—-4,
y=2x-4, Xx=0, x=2 quanh truc Ox.
a3 5 328 ¢ p. 21

5 7 15 5}
Thé tich khéi tron xoay tao thanh khi quay hinh phing gigi han boi cac duong y =xe*, y=0,
Xx=0, x=1 xung quanh truc Ox la

1 1 1 1
AV :szezxdx. B.V = ﬂj xe*dx . C.V-= nj x2e?*dx . D.V = nj x2e*dx .
0 0 0 0

Cho hinh thang cong (H) gisi han béi cac duong y=e*, y=0, x=-1, x=1. Thé tich vat thé

tron xoay duoc tao ra khi cho hinh (H ) quay quanh truc hoanh béng

e’ —g? 5 (e’ +e?)x . e'r o (e-e?)z
2 2 2 2

MUC PQ: VAN DUNG THAP.

17
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Cau2l: Cho (H) la hinh phang gi¢i han boi parabol yzgx2 va duong Elip c6 phuong trinh
2
X?+ y? =1 (phan to dam trong hinh v&). Dién tich cia (H) béang

A.Z’”ﬁ. B. 2% C. ’”ﬁ. D. 37

6 3 4 4
Cau 22: Tinh dién tich hinh phing gi¢i han boi parabol y=x*—-6x+12 va cac tiép tuyén tai cac diém
A(L7) va B(-119).
1

A = B.
3

c.? D. 2
3

w| N

2
Cau 23: Cho ham s y:X m
X+1

(v6i mla tham s6 khac 0) c6 dd thi 1a (C). Goi S la dién tich hinh

phang gisi han béi d6 thi (C) va hai truc toa do. C6 bao nhiéu gia tri thuc cia m théa mén S =1?
A.Khbng B.Mot C.Ba D.Hai

2

2
Cau 24: Trong mit phang toa d6 Oxy, goi (H,) 1a hinh phang gi¢i han bai cac duong y :XZ, y :_XZ’

x=-4, x=4 va hinh (H,) 1a hinh gdm cic diém (x;y) thoa: x*+y? <16, x*+(y—-2)’ >4,
x2+(y+2)224.

Cho (H,)va (H,) quay quanh truc Oy ta dwgc cac vat the c6 thé tich lan luot 1a V,, V,. Dang

18
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thirc nao sau day dang?
AV, =V, B.V, :%V2 CV,=2V, D.v, :%V2

Cau 25: D4 thi ciaham s y = f (x) trén doan [-3;5] nhu hinh v& duéi day (phan cong cia db thi 1a mot

3
phan ciia Parabol y =ax®+bx+c). Tinh | :J' f(x)dx.
-2

Cau 26: Thé tich V caa khdi tron xoay dugc sinh ra khi quay hinh phang gidi han bai dudng tron
(C):x* +(y—3)2 =1 xung quanh truc hoanh la
A.\{ =6r ’ B.V =67° C.V =372 OD.V =67° .
Cau 27: Thé tich cua khoi tron xoay thu dugc khi quay quanh truc Ox hinh phang gigi han bai do thi ham

sé y =+/xe*, truc hoanh va duong thing x =1 la
72'92 T 4 T 2 1 2
A.T. B.Z(e —1). C.Z(e +1). D.Z(e +1).
Cau 28: Cho hinh phing givi han bsi db thi cac ham sé y=./x , duong thing y=2—x va truc hoanh
(phan gach chéo trong hinh v&). Thé tich cua khdi tron xoay sinh bai hinh phang trén khi quay
guanh truc Ox bang.
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Cau 29:

Céau 30:

Céau 31:

AT B. 47 c. 'z D. 2%,

4 3 6 6
Cho hinh phing H gi6i han béi cac duong y =./In(2x+1), y=0, x=0, x=1. Tinh thé tich
cua khéi tron xoay tao thanh khi quay hinh H quanh truc Ox .

A 2In3-1 B. Zin3—r c.[n—ljms—l D.3 % In3—x
3 2 2 2

Cho hai duong tron (O,;10) va (0O,;8) cét nhau tai hai diém A,B sao cho AB Ia mot duong kinh
cia dudng tron (O,) . Goi (H) 12 hinh phang gisi han béi hai duong tron (phan dugc t6 mau nhu
hinh v&). Quay (H)quanh truc 0,0, ta dugc mot khdi tron xoay. Tinh thé tich V cua khdi tron

xoay tao thanh.

A

A 847 .88 c . p.1%5,
3 3 3 3
MUC PQ : VAN DUNG CAO.
Cho parabol (P,):y=-x*+4 cat truc hoanh tai hai diém A, B va duong thang d:y=a
(0<a<4). Xét parabol (P,) di qua A, B va cé dinh thuoc duong thang y=a. Goi S, la dién
tich hinh phing gi¢i han boi (RB) va d. S, la dién tich hinh phang gisi han bai (P,) va truc
hoanh. Biét S, =S, (tham khao hinh v& bén).
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>
O
“w
<Y

Tinh T =a’-8a” +48a.

AT=99 B.T =64 C.T=32 D.T=72
Cau 32: Mot cong chao cd dang hinh Parabol chiéu cao 18 m, chiéu rong chan dé 12 m . Nguoi ta cing hai
soi day trang tri AB, CD nam ngang ddng thai chia hinh gigi han boi Parabol va mit dat thanh ba phan c6

dién tich bang nhau . Ti 6 CA_S bang

18m
12m
1 4 1 3
A —. B.—. C.—. D. )
\/5 5 3/5 1+2\/§

Cau 33: Mot vién gach hoa hinh vudng canh 40 cm. Nguoi thiét ké da sir dung bén dudng parabol co
chung dinh tai tim cua vién gach dé tao ra bon canh hoa (dugc td mau sam nhu hinh vé bén). Dién
tich moi canh hoa cua vién gach bang
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Céu 34:

Céu 35:

Céau 36:

Céu 37:

Dié¢n tich moi canh hoa cta vién gach bang

A. 800cm? B. %Ocm2 C. 4—200m2 D. 250cm?

BAI TOAN THU'C TE VA UNG DUNG THE TiCH.
MUC PQ: THONG HIEU.

Mot 6 t6 chuyén dong nhanh dan déu véi van toc v(t) =7t (m/s). Bi dugc 5 (S) nguoi lai xe phat
hién chudng ngai vat va phanh gap, 6 to tiép tuc chuyén dong cham dan déu véi gia toc a=-35
(m/s?). Tinh quang dudng ca 6 t6 di dugc tir Ic bét du chuyén banh cho dén khi dimg hin?
A. 87.5 mét. B. 96.5 mét. C. 102.5 mét. D. 105 mét.
Mot dto dang chuyén dong déu vai van toe 20 (m/s) roi hdm phanh chuyén dong cham déan déu
véi van tée v(t)=-2t+20 (m/s), trong d6 t la khoang thoi gian tinh bang gidy ke tir IGc bét dau
ham phanh. Tinh quing duong ma 6to di dwoc trong 15 gidy cudi cung dén khi dung han.
A.100 (m). B.75 (m). C.200 (m). D.125 (m).
Mot 6 to dang chay Vi toe do 36(km/h) thi nguoi 14i xe dap phanh, tir thoi diém dé, 6 to chuyén
dong cham dan déu véi van toc v(t)=-5t+10(m/s), trong d6 t Ia khoang thoi gian tinh bang
giay, ké tir Iic bat dau dap phanh. Hoi tir lac dap phanh dén ldc ding han, 6 t& con di chuyén bao
nhiéu mét?
A.10(m). B.20(m). C.2(m). D.0,2(m).
Mot vat chuyén dong van tdc tang lién tuc duoc biéu thi bang do thi 1a duong cong parabol cé
hinh bén dudi.

A V(m)

50 -

0 10 1(s)

Biét ré‘mg sau 10s thi vat d6 dat dén vén tdc cao nhét va bit dau giam tdc. Hoi tir luc bat dau dén
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Cau 38:

Céau 39:

Cau 40:

lac dat van tc cao nhat thi vat d6 di dugc quing dudng bao nhiéu mét?

A. 300m B, —149?0 C. —11300 D. —103?0

Mot vat dang chuyén dong véi van téc 10 m/s thi bat dau ting toc vai gia toc

a(t)=6t+12t* (m/s’)
Quing dudng vat di duoc trong khoang thoi gian 10 gidy ké tir lc bit dau tang toc 1a

A %00 m B.11100 m C.4300 m D. 9_38 m

Hai ngudi A, B dang chay xe nguoc chiéu nhau thi xay ra va cham, hai xe tiép tuc di chuyen
theo chiéu cua minh thém mot quang duong nia thi ding han. Biét rang sau khi va cham, mot
ngudi di chuyén tiép véi van toc v, (t) =6-3t mét trén gidy, ngudi con lai di chuyén véi van téc
v, (t) =12—4t mét trén gidy. Tinh khoang c4ch hai xe khi da dirng han.

A. 25 mét B. 22 mét C. 20 mét D. 24 mét

Cho ham s6 y=x*—4x*+m c6 dd thi (C,,). Gid st (C,,) cét truc hoanh tai bon diém phan biét
sao cho dién tich hinh phang giéi han boi (Cm) vé6i truc hoanh cé dién tich phan phia trén truc
hoanh bang dién tich phan phia duéi truc hoanh. Khi d6 m thudc khoang nao duéi day?
A.me(-11). B.me(35). C.me(2;3). D.me(5;+x).

I1. HINH HOC GIAI TiCH TRONG KHONG GIAN

1. Hé truc toa do Oxyz:

= Hé tryc gdm ba truc OX, Oy, Oz d6i mt vuong goc nhau.
k= (0:;0:1) * Truc OX:truc hoanh, c6 vecto don vi i= (,0;0).

» Truc Oy : truc tung, c6 vecto don vi j = (0;10).

» Truc Oz : truc cao, ¢6 vecto don vi K = (0;0;2).

i = (1;0;0) - s N
O. ----- M—TP » biém O(0;0;0) la goc toa dj.

Y /77 =(0:1:0)

2. Toa d9 vecto: Vecto [U=Xi+Y]+zK < u=(Xy;z)|.

u
Cho a=(a,;a,;a,), b=(b;b,;b,). Tace:

d+b=(a th;a b a, b)) . L
= 611 bl 2= B = a cung phuong b <a=kb (keR)
kd = (ka,; ka,; ka,) 8 — kb,
o |&Th ola=kh, od=-2_% @ p b=0)
a:bQ a2:b2 as_kb bZ b3
- 3
a, =h,
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ab=alhb +a,b, +a,b,

= |al=,/a’ +a’ +a’

12
. ézz‘a‘ =a’+a +a’

alboab=0<ab +ab,+ab, =0

= cos(d, b)

_ ab +ab, +aib,
ERY \/af +al +a§.\/b12 +bZ +b2

3. Toa dp diém:|M(X; y; z) < OM = (X;y;2)

- Cho A(Xa; Yai Za) » B(Xs: Vei Z5) , C(Xc:YeiZc) , tace:

E:(XB —Xa Ys = Yar g _ZA)

= AB = /(X -

XA)2 + (yB - yA)2 + (ZB - ZA)2

Toa dg trung diém M cua doan thé“ing AB:

» Toa d¢ trong tam G cua tam giac ABC:

M (XA+XB . yA+yB . ZA+ZB). G(XA+XB+XC ' yA+yB+yC ;ZA+ZB+ZC).
2 2 2 3 3 3
QUY TAC CHIEU PAC BIET
Chiéu diém trén truc toa dd Chiéu diém trén mit phing toa do
= Diem M (x,1¥yi2) —GmamenMi (% :0:0) " Diem M (%Y1 2) ~aiaguretn M1 Yur10)
£ DIEM M0, 1y, 17,) SO MOy, 10) | * Didm MO, 1y,7,) SRz M (O, 17,
" Diem M (X, :¥,32) ~Gemauers M2 (0:0:2,) = Diem M(x,:¥,:2) ~Gamguear g Ma(Xu30:2)

Poi xirng diém qua truc toa do

Poi xirng diém qua mit phing toa d

Noé xéng qua Ox
(Gidtguyea x; ioéddaéd y, z)

M, (X,;

" M Xy Yy Zy ~Yui—2Zy)

. . Noaxéag qua Oy . .

= M (XM ! yM ’ZM ) (Gidéiguyea y; ioddad x, z) M 2 (_XM ! yM ’_ZM )
. . Noa xéag qua Oz .

" M (XM YuZu ) (Giéaguyed z, ioddad X, y) M 3(_XM T Yw 2y )

. . Noéxéng qua Oxy . .

M (XM D YREY ) (Gidaguyea x, y, Aioadad z) M l(XM s Yvi—2y )
. . Noéxéag qua Oxz . .

M (XM D YREY ) (Gidaguyea x, z, icddad y) M 2 (XM 7~ YviZy )
. . Noéxéag qua Oyz . .

M (XM D YREY ) (Gidaguyea y, z, ioddad x) M 3(_XM 1YmiZy )

4. Tich cé huéng ciia hai vecto:

< DPinh nghia:ChoéZ (a, &, a,), b= (b, b,, b,), tich c6 huéng cia avab la

a5 |

Gl A& &
b3

A
by| o, b,

b ]:(azbs_asbz;asbl_aibs;%bz_a2b1)-
3

@ Tinh chit: [a,b] La

[a, b] LD [a,b]] =1al.Ibl.sin (&, b)

* Diéu kién clng phwong cua hai vecto a&b la
[a, B] =0 voi 0=(0;0:0).

= Diéu kién dong phang cua ba vecto a, b va ¢ 1a

[a, b].c=0.

= Di¢n tich hinh binh hanhABCD: S_ .., =| AB, AD |

= Di¢n tich tam giacABC: S, ;. = %‘[E, A—C]‘

= Thé tich khdi hop: V,seco e o = [AB, AD].AA.

= Thé tich ti dién:V . = %‘[ﬁ, E]E‘ :

5. Phwong trinh mit cau:

Dang 1: (S): (x—a)* +(y—b)* +(z-c)* =R®

Dang 2: (S): X* +y* +2° —2ax—2by —2cz+d =0
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Maé caa (S) cou taé’l I(a’b’ C) Maé caa (S) cou taé? I(a’b’ C)
R = VR? R=\/a2+b2+cz—d
@ Phuong trinh X° + Y% + 22 —2ax—2by —2cz+d =0 1a phuong trinh mat cdu<> [a®> +b2 +c®—d > 0].
Bai toin 5.1.Viét phwong trinh mit ciu tim | va di qua | Bai toan 5.2.Viét phuwong trinh mat ciu cé dwong kinh AB.
diém M. = Buwéc 1: Tim tdm | 1a trung diém AB. Bén kinh
* Budc 1: Tinh ban kinh R=1M . AB
= Budc 2: Viét phuong trinh mat cau dang 1. R= IR =1A=1B.
= Budc 2: Viét phuong trinh mit ciu dang 1.
_ _*BAITAP AP DUNG
‘ CHU DE 1. TQA PQ PIEM — VECTO.
LOAI 1. TIM TQA PO PIEM, VECTO LIEN QUAN PEN HE TRUC OXYZ.
MUC PQ: NHAN BIET.
Caul:  Trong khong gian véi hé toa o Oxyz, cho diém M (3;-1;2). biém N dbi xting véi M qua mt
phing (Oyz) la
A.N(0;-1,2). B.N(31-2). C.N(-3-12). D.N(0;1;-2).
Cau2:  Trong khdng gian véi hé toa o Oxyz cho diém A(L—4;-5). Toa do diem A’ ddi xtng véi diém A
qua mit phang Oxz la
A.(1,-4;5) B.(-1,4;5) C.(L45) D.(L4;-5)
Cau3: Trong khdng gian toa do Oxyz cho A(L2;-1), B(3;5,-2), C(2;3;-3) va G la trong tam tam gidc
ABC . Xac dinh vecto chi phuong ctia duong thang OG .
Al =(12-2) B.U=(L2-1) C.i=(21-2) D.U =(2;2;,-2)
Cau4:  Trong khong gian Oxyz, cho hai vecto u(La;2), v(~3;9;b) cang phuong. Tinh a2 +b.
A.15 B.3 C.0 D.Khoéng tinh dugc
Cau5:  Trong khong gian Oxyz , cho ba vecto d=(-110), b =(1,1,0), ¢ =(LL1). Tim ménh d& ding.
A.Hai vecto d va C cung phuong. B.Hai vecto @ va b cung phuong.
C.Hai vecto b va ¢ khong cing phuong. D.ac =1.
Cau6:  Trong khong gian vai hé toa dd Oxyz , cho mat phang (P):3x+2y—z+1: 0. Vecto nao trong cac
vecto sau ddy 1 mot vecto phép tuyén ciia mat phang (P)?
An=(32-1). B.n=(3;21). C.n=(-2;31). D.A=(3-2-1).
Cau7: Trong khong gian véi hé toa do Oxyz, cho ba vécto a=(1-12), b=(3,0,-1), c=(-2;5]1), dat
m=a-+b-c. Timtoa dd cia m.
A.(-6;6;0). B.(6;0,—6). C.(0;6;-6). D.(6;—6;0).
Cau8: Trong khong gian Oxyz, cho a=(-3;2;1) va diém A(4;6;-3). Tim toa do diém B théoa man

AB=a.
A.(7;4,-4). B.(1,8-2). C.(-7;-4,4). D.(-1-8;2).
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Céu 13:

Cau 14:

Cau 15:

Céau 16:

Cau 17:

Céau 18:

Céau 19:

Céau 20:

Trong khong gian Oxyz , cho diém M (1;2;3). Hinh chiéu caa M 1én truc Oy 1a diém ?

A.P(L0;3) B.Q(0;2;0) C.R(10;0) D.S(0;0;3)
Trong khdng gian véi hé toa dd Oxyz , cho vector u = 2i —5k . Toa do cua vector u Ia.
A. u=(23-5). B. u=(-2;0;5). C.u=(-23-5). D.u=(2,0;-5).

Trong khdng gian véi hé toa dd Oxyz, cho véc to a thoa man hé thac a=2i—3k . Bo sé nao dudi
day la toa dg cua véc to a.

A. (2;0;-3). B. (2;0;3). C. (2,-3,0). D. (2;3,0).

Trong khong gian Oxyz , cho biéu dién cua vecto a qua cac vecto don vi la a= 27+R—3]. Toa do
Cla vecto a 1a

A.(L2;-3). B.(2,-31). C.(2,15-3). D.(3-3;2).

Trong khong gian Oxyz, cho diém M (1;2;3). Hinh chiéu vuéng gdc cia M trén (Oxz) la diém nao

sau day.

A.K(0;2;3). B.H(12;0). C.F(0;2;0). D.E(L0;3).
Trong khong gian Oxyz , cho diém M (10;2). Ménh dé nao sau day 1a dang?

A.M e(0Oxz) B.M (Oyz) C.M €Oy D.M € (Oxy)

Trong khong gian Oxyz , cho diém A(3;—4;5). Hinh chiéu vudng goc cua A trén mat phang (Oxz)
1a diém:

A.P(3,0;5) B.M(3;0;0) C.N(0;-4;5) D.Q(0;0;5)
Trong khong gian Oxyz , cho diém A(4;2;1) va B(2;0;5). Toa do vecto AB Ia:
A.(2;2;-4). B. (1,1;,-2). C. (-1;-1;2). D.(-2;-2;4).

Trong khong gian Oxyz, cho diém A(L-2;3). Hinh chiéu vudng gdc cua diém A trén mat phang
(Oyz) la diém M . Toa d¢ diem M Ia

A-M(3-2,0). B.M (0;,-2;3). C.M(1,0;3). D.M(10;0).

Trong khong gian véi hé toa dd Oxyz, cho hai diém A(1;2;-3), B(0;2;1). Tim toa do trung diém |

cua doan AB.
1

A. |[-%;0;2). B. 1(-10;4). C. 1(L4;-2). D. |[§;2;—1j.
Trong khéng gian véi hé toa do Oxyz, cho tam giac ABC véi A(-2;4;1),B(11-6),C(0;-2;3).
Tim toa d6 trong tim G cua tam giac ABC.
A G 1;—1;E . B. G(—E;l;—g]. C. G(-13-2). D.G —l;§;—§ .
3 3 3 3 22 2
Trong khéng gian véi hé truc toa do Oxyz , cho hai diém M (1;,2;-3) va N(=3;0;7). Goi | la trung
diém ctia doan MN . Xac dinh toa do cta diém | .
Al1(-2;2;4). B.1(-112). C.1(—4;-2;10). D.1(-2;-15).
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Cau 21;

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Céau 26:

Céu 27:

Céau 28:

Céau 29:

Céau 30:

Céau 31;

Trong khéng gian Oxyz cho a(3;~12);b(4;2;~6). Tinh toa do cua vecto a+b.

A a+b=(-1-38). B. a+b=(-7;-14).

C. a+b=(7;1-4). D. a+b=(13,-8).

Trong khong gian Oxyz, cho hai diém A(2;1,-1),B(L2;3) . D6 dai doan thing AB bing

A 3V2. B. 18. C. 3. D. \/22.

Trong khong gian véi hé toa do Oxyz , cho hai diem A(L12) va B(3;3;6). Toa d¢ vec-to AB la
A. (—4,-48). B. (-2,—-2,-4). C.(22;4). D. (4,4,8).

Trong khong gian Oxyz , cho hai diém A(0; 0;3) va B(4;0;0). D¢ dai doan thang AB bing
A.l. B.7. C.25. D.5.

MUC PO: THONG HIEU.
Trong khdng gian véi hé toa do Oxyz , cho tam giac ABC véi A(LL1), B(2;3;0). Biét ring tam
giac ABC c0 truc tim H (0;3;2) tim toa d¢ cua diémC .
A. C(3,23). B. C(4;2;4). C. C(121). D. C(2;2;2).
Trong khéng gian voi hé toa d6 Oxyz, cho 3 diém A(L1—1), B(0;2;4),C(3;0;0). Hay cho biét tap
hop nhimg diém cach déu 3 diém A, B, C la gi? 7 ‘
A.Mot diem duy nhat.  B.Mot mat phang. C.Mot duong thang.  D.Khdng ton tai.
Trong khong gian véi hé toa do Oxyz , cho diem K (2;4;6), goi K’ 13 hinh chiéu vudng géc ciia K
lén Oz, khi d6 trung diém cia OK’ c6 toa do la:
A.(0;0;3). B.(1,0;0). C.(23). D.(0;2;0).
Trong khong gian Oxyz cho céc diém A(x;1;2), B(2;y;1), C(12;3). Véi gia tri no cua x, y thi ba
diém A, B,C thang hang?

3 . R 3 R 1 1 .
A.x=—va y=0. B. x=0va y=—. C.x=2vay==. D.x==vay=2.
2 y y 2 y 2 2 y

MUC PQ : VAN DUNG THAP.
Trong khong gian cho cac vecto 4d, b, ¢ khong ddng phing théa man
(x—y)a+(y-z)b=(x+2-2)C.Tinh T =x+y+z.

3

A 2 B. — C.3 D.1
2

Trong khong gian Oxyz cho A(L2-1), B(3L-2), C(23-3) va mat phang
(P):x-2y+2z-3=0. M(a;b;c) la diém thuoc mat phang (P) sao cho biéu thic
MA? + MB? + MC? ¢ gié tri nho nhat. Xac dinh a+b+c.

A.-3 B.-2 C.2 D.3

Trong khéng gian toa @ Oxyz cho A(LL-1), B(23;1), C(5;5;1). Puong phan giac trong goc A
cua tam giac ABC cit mat phang (Oxy) tai M (a;b;0). Tinh 3b-a.

A.6 B.5 C.3 D.0
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Céu 32:

Cau 33:

Céu 34:

Céu 35:

Céau 36:

Céau 37;

Céau 38:

Céau 39:

Cau 40:

x-1_ y;rlz 2_12 va mit phing

(P):x+y+2z+1=0.Diém B thudc mat phang (P) théa man duong thang AB vudng goc va cit

duong thing d . Toa do diém B la

A.(3-2-1). B.(-3;8,-3). C.(0;3,-2). D.(6;-7;0).

Trong khdng gian Oxyz, cho ba diém A(-2;3;1), B(2;1,0), C(-3;-L1). Tim tit ca cc diem D

sao cho ABCD la hinh thang c6 ddy AD va S,gcp =3S s -
D(-8,-7;1) D(8;7;-1)

| D(12,1-3) | D(-12,-13)

LOAI 2. TICH VO HUONG VA UNG DUNG.
MUC PQ: NHAN BIET.
Trong khéng gian véi hé toa d Oxyz , cho vecto U =(x;2;1) va v=(1-12x). Tinh tich v huéng

Trong khong gian Oxyz , cho diém A(1;2;-1), duong thang d :

A.D(8;7;-1). D.D(-12;-13).

ctia u vav.

A X+2. B.3x-2. C.3x+2. D.-2-X

Trong khong gian véi hé toa do Oxyz, tim diéu kién dé 2 vecto a,b cung phuong.
A.ab=0. B.[é,B}zﬁ. C.a+b=0. D.a-b=0.

Trong khong gian Oxyz , cho diém P(a;b;c). Khoang cach tir P dén truc toa do Oy bang:
A.va* +c? B.b C.b| D.a’ +¢?

Trong khong gian Oxyz , cho hai diém A(-12;3), B(L0;2). Do dai doan thang AB bang
A5 B.3. C.9. D.+/29.

MUC PQ: THONG HIEU.

Trong khdng gian véi hé toa 46 Oxyz cho mit phang (a):2x—y—-3z=4.Goi A, B, C lanluot la
giao diém ctia mat phang (er) véi cac truc toa do Ox, Oy, Oz. Thé tich khdi tir dién OABC bing
Al B. 2 C. g D. E

9 9
Trong khong gian Oxyz, cho tam giac ABC véi A(8;9;2) , B(3;51), C(1110;4). S6 do goc A
cua tam giac ABC la
A. 60° B. 30° C. 150° D. 120°
Trong khdng gian véi hé toa do Oxyz, cho tam gidc OAB voi O(0;0;0), A(-1;8;1), B(7;-8;5).
Phuong trinh duong cao OH cua tam giac OAB |a

X = 6t x =8t X =5t X =5t
A.qy=4t (teR) B.qy=-16t(teR) C.iy=-4t(teR) D.qy=4t(teR)
z="5t z=4t Z=06t z =6t

28



Truwong THPT Tan Chau- Tay Ninh

Cau 41: Trong khong gian Oxyz cho vecto U(L1;2) va v(2;0;m). Tim tit ca c4c gia tri cia tham sé m biét
cos UV = —_
’ \/% .

A.m=1 B.m=1m=-11 C.m=-11 D. m=0
Cau 42: Trong khong gian voi hé toa o Oxyz, cho ba diém A(5;1;3),B(16;2),C(5;0;4). Diém D thoa
man ABCD Ia hinh binh hanh. Toa do cua diém D 1a
A.(L7:1). B.(15;3). C.(0;4;1). D.(9;-5;5).
MUC PQ : VAN DUNG THAP.
Cau 43: Trong khong gian Oxyz , cho mit cau (S):(x—1)" +(y—2)" +(z+1)" =6 tiép xtc véi hai mat
phing (P):x+y+2z+5=0, (Q):2x—y+z-5=0 lan luot tai cdc diém A, B . Do dai doan AB la
A 32 . B. /3. C. 246. D. 243.
MUC PQ: VAN DUNG CAO.
Xx-1 y+1 z-—m
=+ =
(S):(x=2)"+(y—1)"+(z—2)" =9 .Tim m dé duong thing d cit mt ciu (S)tai hai diém phan biét
E, F sao cho do dai doan EF In nhat

Cau 44: Trong khdng gian Oxyz cho duong thang d : va mit ¢

Am=1, B.m=0. C.m:—l. D.m:l.
3 3
Xx=1+t X =2t
Cau 45:  Trong khdng gian Oxyz , cho hai duong thang d:<y=2-t, d':Jy=1+t". Puong thang A cit d ,
z=t z2=2+t
d’ lan luot tai cac diém A, B thoa man d6 dai doan thang AB nho nhit. Phuong trinh dudng thang
A la
A.X__lzy__zzil le_4:l:z;2
—2 1 3 -2 -1 3
c X_y-3_z+1 p X-2_y-1_z-1
2 -1 -3 -2 1 3

LOAI 3. PHUONG TRINH MAT CAU (XAC PINH TAM, BAN KINH, VIET PHUONG TRINH MAT
CAU PON GIAN, VI TRi TUONG POI HAI MAT CAU, PIEM PEN MAT CAU PON GIAN.

MUC PQ: NHAN BIET.
Cau 46: Trong khong gian Oxyz, cho mat cdu (S):(x—1)"+(y+2)° +22=25. Tim toa d6 tdm | va bén

kinh R cua mit cau (S).
A(E-20) R=5_ g |(-120), R=25.C. I(L-2,0), R=25.D. I (~120), R=5.
Cau 47:  Trong khdng gian véi hé truc toa do Oxyz , cho mat cau (S):(x+1)° +(y—3)* +(z—2)" =9. Toa do
tam va ban kinh cua mat cau (P)la
A 1(-132), R=9 B.1(4-3-2), R=9
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Cau 48:

Céu 49:

Céu 50:

Cau 51;:

Cau 52:

Cau 53:

Céau 54:

Céau 55;

Cau 56:

C.1(-1;32), R=3 D.1(132), R=3

Trong khdng gian Oxyz , cho mat cau (P) c6 phuong trinh x* +y?+ 27> —2x—-4y—62-11=0. Toa
dotam T cua (P) la.

A. T(2;4;6) B. T(123) C. T(-2,-4,-6) D. T(-%-2;,-3)

Trong khdng gian Oxyz, toa do tam | va ban kinh cia mat cau (S):x*+y*+2z° —2x+4y-20=0
la

A.1(L-2), R=5 B.1(420), R=5  C.1(-12;0), R=5 D.I(%-20), R=5

Trong khong gian vai hé toa do Oxyz , Viét phuong trinh chinh tic ciia mat cau c6 duong kinh AB
voi A(2,10), B(0;12).

A (x=1)"+(y-1)" +(z-1)" =4. B. (x+1)" +(y+1)" +(z+1)" =2.

C. (x+1)" +(y+1)° +(z+1)" = 4. D. (x=1)" +(y-1)" +(z-1)" =2,

Trong khong gian Oxyz , tim toa d6 tdm | va ban kinh R caa mat cau (x—1)2 +y2+(z +2)2 =9.
A.1(30;-2);R=3. B.I(0;-2);R=9. C.1(4L-2);R=3. D.I(LL-2);R=9.

Trong khdng gian véi hé toa do Oxyz, cho mat cau (S): x* +(y—1)2 + 2?2 = 2. Trong cac dién dugc
cho duéi day, diém nao ndm ngoai mat cau (S)?

AM (112) B.N(0;1,0) C.P(107) D.Q(LL0)

Trong khong gian Oxyz , cho mit cau (S):x*+y*+2z° +2x—4y—2z-3=0. Tim toa do tam | va
ban kinh R cua mat cau (S).

A 1(1;-2;-1) va R=9. B. I(1;-2;-1) va R=3.

C. 1(-1;2;1) va R=9. D.1(-1;2;1) va R=3.

Trong khong gian Oxyz , phuong trinh nao duéi day la phuong trinh mét cau tam 1(1;,0;-2), ban
kinh r=47?

A (x+1) +y*+(z-2)" =4, B. (x+1)° +y?+(z-2)" =16.

C. (x—1)2+y2 +(z+2)2 =4, D.(x—1)2+y2+(z+2)2 =16.

Trong khdng gian véi hé toa do Oxyz, cho hai diem A(-12;1),B(0;2;3). Viét phuong trinh mt cau
c6 duong kinh AB.

A-(X+%j2+(Y+2)2+(Z—2)2 = B.(x+%)2+(y—2)2+(z+2)2 =

C-(X+%j2+(y—2)2+(z—2)2 - D.(x—%)2+(y—2)2+(z—2)2 _

Trong khéng gian vai hé toa 4o Oxyz , cho mit cau (S) ¢6 phuong trinh (x—1)" +(y+2)° +2% =9.

Mlon MOV
Nlor MO

Xéc dinh toa do tam | va tinh ban kinh R ctiia mat cau (S).
A. 1(-2;0); R=3. B.1(-120); R=3. C. I(;-20);R=9. D.I(-211);R=9.
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Céau 57:

Cau 58:

Céu 59:

Cau 60:

Cau 61;

Cau 62;

Cau 63:

Trong khong gian Oxyz , cho mat cau (S):x* +y? +z° —8x+10y—6z+49=0. Tim toa d6 tam | va
ban kinh R cua mat cau (S).

A.1(4,-53) va R=1. B.1(—4;5-3) va R=7.

C.1(-4,5-3) va R=1.D.1(4,-53) va R=7.

Trong khong gian toa d Oxyz , cho mat cau (S):(x—3)2 +(y+1)2 +(z+2)2 =8 . Khi d6 tim

va ban kinh mit cau d6 1a?
A 1(3-1-2),R=22. B. 1(3-1-2),R=4.
C. 1(-312),R=22. D. 1(-312),R=4,
MUC PQ: THONG HIEU.
Trong khdng gian Oxyz cho ba diém A(2;0;0), B(0;3;0), C(2;3;6). Thé tich khdi cau ngoai tiép
tir dien OABC la

A 13727 B.343” C. 49, D. 341rx
3 6 6

n . X y-3 z-2 . 2 ] .

Trong khoéng gian Oxyz, cho d'EZT:T va mit phang (P):x-2y+2z=0 va

(Q):x—2y+3z-5=0.Matcau (S) tm | la giao diém cua d va (P), mt phing (Q) tiép xic véi
(S). Viét phuong trinh ctia mat cau (S).

A (x+2) +(y+4f +(2+3) =2, B (x+2) +(y+4) +(243) = =
C. (x=2)"+(y-4)" +(z-3) :%. D. (x=2)" +(y—4) +(z-3) :?

Trong khong gian véi hé truc toa dd Oxyz, cho diém 1(3;4;-2). Lap phuong trinh mdt cau tam |
va tiép xdc véi tryc Oz.
A.(S):(x=3) +(y—4) +(z+2)" =25. B.(S):(x=3)" +(y—4) +(z+2)
C.(S):(x=3)" +(y—4) +(z+2)" =5. D.(S):(x+3)" +(y+4) +(z-2)" =20.

MUC PQ: VAN DUNG THAP.
Trong khéng gian véi hé truc toa do Oxyz cho mat cau (S,):(x—1)" +(y-1)" +(z-2)" =16 va

2

(S,):(x+2)" +(y—2)"+(z+1)° =9 cét nhau theo giao tuyén 1a duong tron (C). Tim toa do ta J
cua duong tron (C).

A g L1l B J[i.l.1 c.af-Lr. 1 b (T
2’43 34’4 34 4 2’4 4

Cho hai mat phang (P) va (Q) vudng gdc véi nhau theo giao tuyén A. Trén duong A lay hai diém
A, B véi AB=a. Trong mit phang (P) lay diém C va trong mat phang (Q) lay diém D sao cho
AC, BD cung vudng géc véi A va AC = BD = AB. Ban kinh mit cau ngoai tiép ta dien ABCD 1a
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Cau 64:

Céau 65:

Cau 66:

Cau 67:

Céau 68:

Céau 69:

A 23 5 Y3 C. av3. p, 283
3 2 3

Trong khong gian véi hé truc toa d6 Oxyz, cho hai dudng thang d,: % = yTJr3 = Z—Il va
X=6-3t

d,:4y=-2+2t va mat phang (c):2x+y—2z+3=0. Mt cAu c6 ban kinh nh6 nhit tiép xiic véi ca
7= 4t

hai dudng thang d, va d,, cit mit phang (@) theo mot duong tron co ban kinh bang

A 2. B. V2. c.@. D. 1.

MUC POQ: VAN DUNG CAO.
Trong khong gian véi hé toa @ Oxyz cho ba diém A(2;0;0), B(0;4;0), C(0;0;6). Biém M thay
doi trén mat phang (ABC) va N la diém trén tia OM sao cho OM.ON =12. Biét rang khi M thay
ddi, diém N ludn thuoc mot mit cau cb dinh. Tinh ban kinh cia mit cau do.

A. % B. 32 C. 243 D. g

Trong khang gianOxyz, cho mat cau (S):(x+1)° +(y+2)" +2? =4 va céc diém A(—Z;O;—Z\/E),

B(~4;-4;0). Biét ring tap hop cac diém M thuoc (S) va théa man MA? + MO.MB =16 la mot

duong tron. Tinh ban kinh duong tron do.

A2 8.3 .37 p.5
4 2 4 2

Trong khong gian véi hé toa dd Oxyz, cho 5 diém A(1;2;-1), B(2;3,0), C(2;3,-1), D(3;2;5),

E(3;4;0). Tim s6 mat phing cach déu 5 diém A B,C, D, E.

A. 0. B. 3. C.5. D. 1.
LOAI 4. CAC BAI TOAN CUC TRI.
MUC PQ: THONG HIEU.

Trong khong gian véi hé toa dd Oxyz , cho duong thang A XT_l = % _Z +12 va hai diém A(O;—l; 3)
, B(L,-2;1). Tim toa do diém M thu¢c dudng thing A sao cho MA? +2MB? dat gia tri nho nhat.
A M (5;2;-4) B.M(-1-1-1) C.M(1,0;-2) D.M (3,1,-3)

MUC PQ: VAN DUNG THAP.
Trong khong gian véi hé toa dd Oxyz cho céc diém A(4;2;5), B(0;4;-3), C(2;,-3;7). Biét diem

M (X,; Yo:Z,) nam trén mat phang Oxysao cho ‘W+W+WC‘ dat gia tri nho nhit. Tinh tdng

P=X+Y,+2,.
A.P=-3 B.P=0 C.P=3 D.P=6
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Céu 70:

Cau 71:

Cau 72:

Cau 73

Cau 74:

Cau 75;

Céau 76:

Trong khong gian Oxyz cho ba diém A(1;2;3),B(0;10),C(10;,-2). Piém M thuoc mat phang
(P): x+y+z+2=0 sao cho gia tri cua biéu thic T = MA? +2MB? +3MC? nho nhét. Khoang cach
tir diém M dén mat phang (Q):x+2y+2z-3=0 bang
g, 121 c. 25 p, 101

54 3 54
Trong khong gian Oxyz, cho diém A(1—6;1) va mit phiang (P):x+y+7=0. Diém B thay doi

A. 24.

thuoc Oz; diém C thay doi thuoc mat phang (P). Biét rang tam giac ABC c6 chu vi nho nhét. Toa

do diém B la.

A.B(0;0;1). B.B(0;0;-2). C.B(0;0;-1). D.B(0;0;2).

Trong khong gian Oxyz, cho A(0;L1), B(L;0;-3), C(-1—2;—3) va mit cau (S) c6 phuong trinh

X2 +y?+22—2x+2z-2=0. Tim diém D(Xy;Yy;2,) thuoc (S) sao cho thé tich khéi tu dién

ABCD lén nhat. Tinh gié tri cia x, +y, +2,?
3

A 4. B. —. C.E. D.
2 3

Trong khong gian voi hé toa dd Oxyz , cho A(m;0;0),B(0;2m+1;0),C(0;0;2m+5) khac O. Goi D
la mot diém ndm khac phia véi O so véi mat phang (ABC),sao cho tr dién ABCD c6 cac cip canh
d6i bang nhau. Tim khoang céch ngan nhét tir O dén tam | mat cau ngoai tiép tir dien ABCD.

A V11, B.@. C. 10 D. 6.

2

MUC POQ: VAN DUNG CAO.
Trong khong gian Oxyz, cho mat cau (S):x?+y?+(z—3)" =8 va hai diém A(4;4;3), B(LL1).
Goi (C) la tap hop cac diem M e(S) dé |MA—2MB| dat gia tri nho nhat. Biét rang (C)la mot
duong tron ban kinh R. Tinh R.

AANT. B. 6. C. 2V2. D. V3.

Trong khong gian toa dd Oxyz cho A(13;10), B(4;6;5) va M la diém thay doi trén mat phang

wl| s

(Oxy) sao cho MA, MB ciing tao véi mit phang (Oxy) cac goc bang nhau. Tinh gia tri nho nhat cua
AM .

A.6V3 B.10 C.~10 D.8v2
Trong khong gian Oxyz, cho ba diém A(0;0;-1), B(-110), C(10;1). Tim diém M sao cho
3MA? + 2MB? —MC? dat gié tri nho nhat.

;E;—l : D.M —g;l;—l :

2 4 2

A.M[E;l;—l) B.M(—il; ) C.M(—
4 2 4 2

Mlw
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